Ewayoyn etig ®vowkéig Emotipeg (27-7-2008) MoaOnpotika

Ovopaten@vopo

Tppa

OEMA 1

A . Na Bpebet éva didvooua Ka0BeTo mpog 10 emimedo mov O1EpyeTOL O TO OMUELN
P(1,4,6), Q(-2,5,-1) kar R(1,-1,1).

B. I'a motovg mpaypatikovg aptpovg o 1o akdAovdo opoyevEG cLOTN A
X-2y+3z=0
aX+3y+2z2=0
6Xx+y+o0z=0
&xel un teTpiupévn Ao ; Na Avbel to chotpa Y1 auTég TIC TIHEG TOV .

AYXH

A. To diévoopa P_Q’ x PR gival k60eto Kot TPOG TO P_Q’ KOl TPOG TO PR ko GLVETMG
givon kabeto oo eninedo oo omoio Ppickovrar Ta onpeio P, Q koar R. AAAG:

PQ =(—2-1)i+(B-4)j+(- 1-6)k = —3i+j— Tk
PR=(1-1i+(-1—4)j+(1—-6)k= —5j— 5k

Ondte

T A .

POx PR=|—3 1 —7|=(-5-35)i—(15—0)j+ (15 —-0)k = —40{—15j+
0o -5 =5

15k

To dtdvoopa (-40, -15, 15) etvan kdBeto 6TO dEdONEVO ETiMEDO, OMMG KAOETO ivon Kol
OTO10ONTOTE U1 UNdOEVIKO Pabumtd moAAATAAG10 1] VTOTOAAATAGGLO TOV, OTIMG T.Y.
(-8,-3,3)

B. Eneidf 10 chotnua givar opoyevég ot Ay, Ay kar A, givar pndév. Zuvendg yuo va
VILAPYEL UN TETPLULEVN ADom mpémel A = 0 emiong:
1 -2 3
A=la 3 2|=(3a-2)+2(a*-12)+3(a-18)=3a-2+2a°-24+3a-54 =
6 1 a
=2a’+6a-80
On piCeg ¢ e€lodoemc givatl o = 5 kot o = -8. 't avtég T1g TIéG TO cVoTHA EXEL LN
TETPUUEVT ADOT.
INa 0=-8, 10 cuoTnua yiveTan

X-2y+3z=0
-8x+3y+2z=0
6x+y-82=0



H Adon givon X =2,y = 22 pe 1o Z awbBaipeto.
[a o= 5, 10 cvoT O YiveTtan

X-2y+3z2=0
5Xx+3y+2z=0
6x+y+52=0.

H Abon eivon X = -z, y = 7 pe to Z avBaipeto.

OEMA 2

A. Bpeite 0)eg 11¢ suvaptioelg T mov wkavonotody v oyéon
X

[0 dx=(f(x))* +C

0

6mov C gival o otabepd
1/x
B. Bpeite v nopdywyo g cuvéptmong f(X) = (ezx + xz)

x2+3x+1

I'. Na Bpebeito 6po  |Im I
xInx

X——+00
AYXH
A. Mg nopoydyion naipvovpe f(X) = 2f(X)f'(X) kot enopévag f/(X) = % Apa Oa

npémel T(X) = lX + D o6mov D givar o otabepd.
P 2

B. AoyopiBuilovtac naipvoope

Inyziln(ezx +x2)
X
KO L€ TTOPOYDYIOT) TOV dV0 HEPDV EXOVLE
1 1 1
Ldy ——In(ezx + x2)+——(2e2X + 2x)

y dx 2 X g2X | y2
dy (o TR In(ezx +x2) 1 (Zezx +2x)
dx X2 X e +x

I'. Apov lim x> +3x +1= lim XINX = 400 umopovuE Vo EQUPUOGOVLE TOV KAVOVOL
¢ UTOPOLLL QapLu u

X—>+0 X—>+0

tov L’Hospital



i()(2+3)(+1)

2
X +3x +1 _ lim 9

st XINX Kk

—(xl
™ (xInx)
2X+3

O6mov ka1 TdAL TPV TNV e@apuoyn tov kavove tov L Hospital eléyEape 611 1oy 0eL
lim2x+3=lim1+InX=+w

X—>+00 X—>+0

OEMA 3

3x* —4x® —19x® +31x 12
— dx
X>—X°—=8x+12

A. No vroloyiotel 10 oAoKApoOLO j
B. Na Bpebei n epoamtopévn e kaumdANG :
3xt/3 4—5)/1/3 =8 o10 onpeio (1,1)

AYXH

4_ 3_ 2 _
A ng 4x° -19x° +31x-12

dx
X3 —x2—8x+12

3x* —4x® -19x% +31x 12 4x% —13x
R =3Xx-1+ R
X —XxX°—-8x+12 X° =X —-8x+12

Eneon,



X? —x? —8x +12=Xx> —4x® +3x® —12X + 4X +12 = X*(X + 3) = 4x(X +3) +4(x +3) =
(X +3)(X* —4x +4) = (x +3)(x - 2)*
&xovpe

4x* —13x 4x* —13x A B C
3 2 = 2 = + + > (1)
X" =x"=8x+12 (x+3)(x-2)° x+3 x-2 (x-2)

Kol EMOUEVOG AopBdvovpe TV TawTtdTNT

4x* —13x = A(x—2)* + B(x+3)(x—2) + C(x+3)
> ovvéyela, 6tav Bécovue oty (1)

X=-3,Xx=2,Xx=0, Bpiockovpe
36+39=25A16-26=5C,0=4A—-6B+36, dnradon

A=3,|C=-2,B =1, ka1 Katd cuVETELL

4_ 3_ 2 _
J‘3X 43x 219x + 31X 12dx= I(3x—1)dx+_[3dx +J dx _.[ 2dx -
X*—X°—8x+12 X+3 Ix-=2 “‘(x-2)
3, 2
—X“—=X+3log|x+3/+log(x -2+ ——
5 gfx +3+log|x 2|+ =
B.
1 _: 1 _zdy
3'— - . — T = D
37t gy T,
dy b _z 2
Ay = g7 F
——(5v7%) w
ay = —T %
d".ﬁ o %y_?
Apa oto (1,1)
dy g% —[1)‘%‘
T T B L T B _E
I 3(1)F
. _3
5

Apa 1 epamtopévn oto (1,1) €xet e€icwon y-1=(-3/5) (x-1)



