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OEMA 1

Atvovton ta Stavdopota @ = =127 . b =242,
a. No Ppebei dvoopa ¢ mov va givarl KABeTo 610 b TETO10 OOTE
N AP ”lKou el = 2v'2,
b. Na Bpebet to cuvnuitovo g yoviag tov a@ pe 1o ¢ .
c. Na Bpebei 10 euPaddv tov tprydvov mov oynuatileTon amd ta

dtvoopato b xon ¢ . ~
d. No Bpebodv ot mpoypatikoi A kot p té€to101 dote ¢ = AT + ub)

Adon
(o) 'Eotw ¢ =cri4ces 7. Tote
Clb=7Fb=2014200=0= ] = —«
Apw &= —kith].
g 0=k>0
d=2V2=2k*=8= k|l =2
Am6 Tic 0%o Teheutaies oyéoeic b = 2 onote
C = —_'F—-—_:'Jf
|Ij'}
a-c (—i+27) (=2i427) 3
COs(a,¢) = —— = —= —= - = ——
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(8') H oyéon &= Ad + ub dbver

“

A—i427) + p(2i427) = —2i+2

AmO OTOU TAPVOUUE TO GUOTAUY TOV ELLOOTEWY

A4+ = =2 _ A= 3
AN+2u = 2|7 p = —%
Apa €= %d’— %5
OEMA 2
A. No vToAOY1GTOVV Ta TOPUKAT® OAOKANPOLOTO
. I-x
(o) | x*sin2xdx (B) dx
I J‘(X—Z)(sz—x—6)
B. No vroAoyicete To TapakdTm pila ypnoiponoudvtag Tov Kavova tov I” Hopital:
3x
(@) m In(tan2x) ®) lim In(e’™ - 5x)
0" In(tan3x) X0 X
Avon

A.

(o) Ixzsin2x dx = —lxzcos2x + “-2X lcos2x dx = —lxzcos2x + 1 Xsin2x - Ilsin2x dx =
2 2 2 2 2

1 x2cos2x + 1 xsin2x + 1 cos2x +C
2 2 4

l1-x 1-x
d d

O e e
A B C 1-x

+ =+ = >
X=2 (x-2) 2x+3 (x-2) (2x+3)
A(x-2)(2x+3)+B(2x+3)+C(x-2) =1-x
A(2x* =x—6)+B(2x +3)+C(x* —4x+4)=1-x

x}: 2A+C=0=C=-2A
x: —-A+2B-4C=-1
—6A+3B+4C=1



C=-2A C=-2A A=
c=2A 2B+7A =1 M At7a=11 o
~A+2B+8A=-1{= TIAET A = N
—6A+3B-8A =1 —7A+5B+0:0:>B:1A B—ZA 5
S ~ C=-2A
A=-
49
B=—1
7
c-10
49
Apa
1-x 5 ¢ dx 1 dx 10 ¢ dx
| X oo gt lp de  10p dx
(x_z)(zx _X_6) 49°x-2 77 (x-2) 49°2x+3
—iln|x-2|+lL+iln|2x+3|
49 7x-2 49
B.
In(tan2x
(@) , In(tan2x)
x-0" In(tan3x)
B S
2
= lim tanl?_x COSI 2x (epappocape Tov kovova tov 1 Hopital)
x—0"
— ——3
tan3x cos’ 3x
1 1
= lim -Sin2x cos2x (ypnoomooays tan a = 02
0" 1 1 3 cosa

sin3x cos3x

. 2 sin3xcos3x
= lim — ————
x->0" 3 sin2x cos2x
_ 2 1sin6x , ) _lgin?
= lim - =— (xpnoyomomoape sina cosa =5sin2a )
0" 3 Zsindx
. 2 sinbx
= lim — —
x->0" 3 sin4x




.2 6cos6 .
lim = 2S050% (epapuocape Eava tov kKavova tov 1I” Hopital)
0" 3 4cosdx

20
3 4

®) lim In(e”* - 5x)

X—>0 X

_ 1
(e - 5x)

X—>0 1

.(3¢7 = 5)

(ne Tov kavova tov 1’ Hopital)

(3¢ - 3)

X—>0 (e3x_5x)

. 9¢e .
= lim 3;—5 (T o xavovag tov 1I” Hopital)
X—>0 e f—

27 ™

X—>0 9 e3x

(o kavovag Tov I” Hopital yia tpitn @opd)

®EMA 3
Bewpolie TN GVVAPTNON

_x
x> —4x+4

f(x) =

(0) Na pehetioete v f(x) Ko vo oXEO1ACGETE TN YPOPIKN TNG TAPAGTOON.
5

(B) Na vtoLoyicete To OAOKANpOUQ J f(x)dx xo1vo oKlypapnGETE TO OVTICTOL(O
3

euPpadov otn ypaeikn mapdctacn g f(x).
Avon

() Kotoapydg mapatnpodpe 6Tt | uvapTnon YpAPETaL o KOUYA ®¢ ENG:

X
) = s




ITedio opropov : H cuvdptnon opiCeton yio k6Oe x € R ektog x =2 . X’ aw1d 10
onueio n fx) &xel o KataKOPLPN ACHLUTTOTY:

lim f(x) = .

x—2
Pilec : H povadwn piCa f(x) =0 eivor x = 0.
Ext0¢ amd avtd mapatnpovpe 6t fx) undeviocetor yioo x — oo, dNAadN N x-
a&ovag givarl optloviio acHUTTOTN TG f OTO + 00 KOl GTO — 00,

Axkpoétata: H mapdymyog

(x=2)-x2(x-2) _ (x+2)
(x—2)* o (x-2)

f'(x) =

unoeviletat yio x = —2 . 10 onueio x =+ 2 Ppiokeron (Onmg gidape mo wdvw) M
KOTOKOPLON acOUTTOTN TS f(X). XT0 onpeio x = — 2 Ppioketar To oAkd LI IGTO
NG GLVAPTNONG:

-2

1
f6) = o5 =

[Na va emPePfardoovpe 6Tt mpdKeLTAL TPAYLATIKA V1ot EAAYIGTO VITOAOYILOVLLE KO TNV
devtepN mapdywyo

20x+4) 1

f”(x) = (x_2)4 x:_—2 6_4

Ytox= -4 (6mov f''(x) undeviletan) Bpioketon Eva onpeio Kapmags.

I'pagun mapdotaocn



£6)
T +

To oxwypapnuévo euPaddv ovaueco oto x = 3 Kot x = 5 avtiotoyel oto

5
OAOKAN POLLOL I f(x)dx , 10 omoio vmoroyilovpe oto pépog (P).
3

(B) T'o va vroroyicovpe TO OAOKANPOUO OVOADOVLE TNV GLVAPTNOT GE UTAA
KAdopato

F(x) = X A n B :A(X—2)+B

(x-2%  x=2  (x-2) (x —2)°

6mov dNAadN ot cuvtereoTéc 4 Ko B kabopilovtot amd Tic 6YEcEL

Ax = x = A =1,
—-2A+B B =24 = 2.

I
U

Apa:

i - 2

=hnh—2”j-k2[ - }5

(x-2) |,

dx
2" I@—mz

3

= In3 + % (= 2.43..)) TETPOY®VIKEG LOVAOES.

To avtictoyo euPadov £xel oxlaypaendet ot ypaeikn mapdotocn e f(x).
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